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Abstract: The linewidth enhancement factor α is a key parameter determining the spectral
and dynamical behavior of semiconductor lasers. Here, we propose and demonstrate a method
for determining this parameter based on a direct measurement of variations in the laser gain
and emission spectrum when subject to delayed optical feedback. We then use our approach to
determine the pump current dependent linewidth enhancement factor of a high-β quantum dot
micropillar laser. The validity of our approach is confirmed comparing it to two conventional
methods, one based on the comparison of the linewidths above and below threshold and the
other based on injection locking properties. Furthermore, the pump power dependence of α is
quantitatively described by simulations based on a quantum-optical model.
© 2018 Optical Society of America under the terms of the OSA Open Access Publishing Agreement

1. Introduction

The emission linewidth and the carrier dynamics are two fundamental characteristics of lasers.
In semiconductor lasers, the emission linewidth is enhanced due to the coupling of refractive
index and gain to the carrier density [1, 2]. The main parameter describing this effect is the
linewidth enhancement or Henry factor (here α-factor), which is known to play a crucial role not
only for the spectral characteristics of the laser, but also for its dynamical response and in the
sensitivity to optical injection and feedback [3]. Therefore, a number of techniques have been
proposed to determine the α-factor in semiconductor lasers. These techniques can be coarsely
classified in those that are based on CW spectral measurements [4–8] and the ones that rely on
the modulation of some external parameter such as the pump current [9–13]. A comprehensive
comparison between several different methods can be found in [14].
Some of the existing methods for determining α depend on particular characteristics of the

studied devices. Furthermore, conventional methods usually give only a single scalar value as
outcome for α, not being able to track its dependence on key laser parameters like the pump
current. These are important limitations for the generic application of those methods, given the
fact that α depends on the device characteristics [15] and on its operating conditions [16–18].
In this article we introduce an advanced method for determining the α-factor based on the

changes of frequency and gain induced by delayed optical feedback. This technique benefits
from the measurement of the gain medium emission from a direction perpendicular to the laser
emission direction, so it is particularly well-suited for vertically emitting lasers. It even allows
us to characterize for first time the behavior of α in high-β nano- and microlasers, which have
received enormous scientific interest and allowed researchers to explore the limits of ultra-small
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semiconductor lasers in recent years. There exist already several methods to extract the α-factor
using optical feedback that have been successfully applied in e.g. quantum cascade lasers [19].
There, the authors propose measuring the feedback-induced wavelength shift to access the
α-factor [20]. However, this method is limited to Fabry-Perot devices subject to low feedback
ratios [21]. Other feedback methods based on, e.g. self-mixing interferometry [22], rely on
coherent feedback effects which can lead to very short cavities in nanolasers [23]. The method is
presented in Sec. 2 and we exemplary apply it to study α in high-β quantum dot (QD) micropillar
lasers, an interesting type of microlasers that can for instance be used as coherent drive in
quantum nanophotonics [24]. The robustness of our approach is then tested by comparing its
outcome with two other well-established methods. In addition, by using the presented method
we have found that α in our QD microlasers is not constant but varies with pump current. In
order to confirm that finding, in Sec. 3 we have juxtaposed our experimental method with the
outcome of a quantum optical model, showing very good quantitative agreement that supports
the experimentally determined pump current dependence of the α-factor. The conclusions and
outlook of our work are discussed in Sec. 4.

2. Experimental method and determination of α in microlasers

The experiments have been performed with an electrically driven single-mode QD micropillar
laser with a diameter of 5µm. In that device, the gain medium is constituted by a single layer
of In0.3Ga0.7As QDs with an area density of 5 · 109/cm2 in the center of a one-λ GaAs cavity.
Highly reflective distributed Bragg reflectors (DBR) made from alternating layers of AlAs and
GaAs (27 pairs in the lower and 23 pairs in the upper DBR) form a planar cavity with a quality
factor of Q ' 20000. Precise cleaving of the sample allows for the detection of lateral emission in
addition to detection in axial direction as the micropillar is located at the edge of the sample [25].
For further details on the fabrication process of electrically contacted micropillar lasers we refer
to [26].
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Fig. 1. Sketch of the experimental setup. The QD-micropillar laser is mounted inside a
He-flow cryostat and is stabilized at a temperature of T = 32.00 ± 0.01K. Optical feedback
is applied to its axial emission. The spectral properties are measured with charge-coupled
devices (CCD) in both the axial and lateral directions. High-resolution spectra are acquired
with a Fabry-Perot interferometer (FPI) in the axial direction.

Our micro-electroluminiscence (µEL) setup allows us to simultaneously capture the micropil-
lars’ axial and lateral emissions as shown in Fig. 1. The luminescence in both directions is
collected by microscope objectives with NA ∼ 0.4. The lateral emission is then coupled to a
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single-mode fiber that acts as spatial filter. The optical spectra in both directions are filtered
and recorded with two independent spectrometers and CCDs with 42 THz spectral range and
50 GHz resolution. Additionally, a custom-made scanning Fabry-Perot interferometer (7.5 GHz
free spectral range, 100 MHz resolution) is used in axial detection for a precise measurement of
the spectral position of the fundamental mode.
The alpha factor is defined as [2, 27]

α =
∆n′

∆n′′
= 4π

∆ν

∆G
, (1)

where ∆n′ and ∆n′′ denote changes in the real and imaginary parts of the refractive index,
respectively. This can be rewritten as a function of observables in our experiment, namely the
optical frequency shift of the fundamental mode ∆ν and the change in modal gain ∆G.
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Fig. 2. (a) Exemplary high-resolution emission spectra of a QD micropillar showing the
feedback-induced shift of the lasing mode at I = 1.9 Ith . (b) Extracted modal gain as a
function of the pump current with and without optical feedback (FB). The inset depicts
spectra of the QD emission measured in lateral detection. The shaded gray area represents
the integration range of the gain contributing to the lasing mode.

Delayed optical feedback (in the axial direction) modifies the laser losses and causes a change in
its gain and spectrum. We exploit this effect to get insight into the α-factor of the QD micropillar
laser. We first measure the feedback-induced frequency shift of the fundamental mode with the
FPI as can be seen in Fig. 2(a). Here we compare the scenario in absence of feedback with the
case of maximum feedback strength. The loss channels in the external cavity are the 90/10 beam
splitter, the microscope objective, the external cavity mirror and the top DBR mirrors, resulting
in about 40% of the light being coupled back onto the microlaser facet, from which about 10%
finally reaches the active medium. This result is consistent with previous numerical simulations
on this feedback-coupled system [28]. To avoid alignment losses, a piezo-tuning mirror has been
used to align the feedback spot onto the microlaser facet with below 0.4 µm precision.
We want to highlight that the feedback parameters must be chosen such that we work in a

feedback regime that preserves narrow spectral lines [29] as it is otherwise impossible to define a
precise shift of the wavelength. In our case we choose an external cavity length of 1.58 m which
is greater than the maximum coherence length of the microlaser (∼40 cm). Our approach thus
does not need coherent feedback as in the case of self-mixing interferometry which is beneficial
when applying it to nanolasers. Hayenga et al. for example report on metallic nanolasers with a
minimum linewidth of ∼0.7 nm at an emission wavelength of 1300 nm resulting in a coherence
length 0.8 mm [23]. Thus, being able to work in the regime of incoherent feedback is convenient
at cryogenic temperatures where a feedback mirror would be technologically challenging to
implement.
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The corresponding change in modal gain can be extracted from the lateral spectra as recorded
with the spectrometer. We do so by integrating the measured QD-gain intensity around the actual
lasing mode (see inset of Fig. 2(b)). Lasing emission is directed towards axial detection but there
is also a significant amount of scattered light from the sidewalls of microlaser. Thus, we always
need to subtract the scattered light of the mode from the integral, which is done by comparing
both spectra from axial and lateral detection. Here it is vital that a linear polarizer is used in
both detection paths to record only the emission that is related to the QD gain corresponding to
respective lasing mode. This way we can choose an area of the axial spectrum that corresponds to
the QD gain feeding the lasing mode. Noteworthy, we choose spectrally the minimum integration
range from the lateral spectrum that still shows a clear kink in the gain curve leading to clear
carrier clamping. Smaller ranges show a very shallow kink (not enough gain integrated) and
for larger ranges the gain above threshold is not totally clamped due to excess of amplified
spontaneous emission. The further the gain is spectrally detuned from the lasing mode, the
less efficient is the coupling between both. Thus, the QDs with these spectral properties do not
strongly contribute to the mode via stimulated emission and hence mainly radiate spontaneously.
This however, may lead to gain compression of the lasing mode because the injected carriers may
recombine in the spectrally and spatially far-off gain regions, before they can fill the spectral or
spatial hole burned by the lasing mode. For a correct scaling of the modal gain we introduce the
assumptions from [30] that the modal gain is zero at inversion and that the maximum modal gain
is clamped to the cavity loss rate κ with

κ =
2πν0

Q
= 105.62 ns−1 , (2)

where ν0 denotes the frequency of the fundamental mode.
As it is shown in Fig. 2(b), optical feedback reduces the effective cavity loss rate of the coupled

cavity (κe f f < κ) and thus the maximal modal gain. Averaging the feedback-induced mode shift
and modal gain reduction along the input-output curve, we can calculate a first approximation to
α with our method, which is αFB = 2.3 ± 0.3. However, this quantity ignores any dependence
with pump current, as we will discuss later in this article.

Comparison to other methods of determining α

To prove the validity of the above presented method we compare the result to well-established
schemes for determining α. First, we apply an approach based on the Schawlow-Townes law
for the linewidth dependence with the output power [31]. Following the derivation in [5], the
linewidth of the fundamental mode ∆ν is a function of the inverse optical output power P:

∆ν = ∆ν0 +
ζ≷
P
, (3)

with ∆ν0 depicting the minimal linewidth of the microlaser given by occupation fluctuations.
The characteristic slopes of the linewidth below and above threshold are ζ< and ζ>, respectively.
The α-factor can then be determined by the following equation:

α =

√
2
ζ>
ζ<
− 1 , (4)

as the linewidth above threshold is broadened by 1 + α2 while below threshold noise contributions
are twice as high than above. Thus, we determine α from the slopes extracted from Fig. 3. The
(FWHM) linewidth below threshold is determined from a Voigt fit of the fundamental mode
recorded with the CCD while the linewidth above threshold is extracted from a Lorentzian fit of
the FPI spectra. Taking into account the instrument response functions of the device used to
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acquire optical spectra one ends up with Voigt lineshapes for the CCD and Lorentzian ones for the
FPI, respectively. Thus, the linewidth enhancement factor obtained from the Schawlow-Townes
linewidth-power dependencies is αS−T = 2.4 ± 0.2.
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Fig. 3. Emission linewidth plotted as a function of the inverse optical output power (measured
with a powermeter). The α-factor can be determined from linear fits (dashed lines) of the
linewidths above (see inset) and below threshold.

Another well-established method for determining the α-factor is via the slopes of the injection
locking cone. For this experiment a tunable laser (master) is coupled to the optical path where
previously the feedback mirror was placed. From a previous study on high-β micropillar
lasers [32] we expect partial phase and frequency locking of the micropillar laser (slave) to the
master laser. The seminal work of Lang [33] predicts that the locking range of a semiconductor
laser is given by the following inequality:

CKe f f

√
1 + α2 < νlocking < CKe f f , (5)

where C is a constant related only to device parameters and Ke f f is the effective injection
strength, which does not have to be explicitly known to determine the α-factor. Fig. 4 depicts the
normalized intensity of the frequency-locked slave oscillation as a function of the solitary master
and slave frequencies detuning ∆ for different pump currents, i.e. I = 1.5 Ith in Fig. 4(a) and
I = 1.7 Ith in Fig. 4(b). We want to note that in Fig. 4(a), the color-coded intensity at positive
detunings is abnormally high outside the injection locking cone, which we attribute to partial
locking effects [34]. Nevertheless, this effect appears only at high injection strengths and does
not affect our calculations here. The α-factor is calculated from the edges of the locking cone at
positive and negative detunings [35]:

α =

√(
m−
m+

)2
− 1 , (6)

with m− and m+ being the negative and positive slope of the locking tongue, respectively. For the
two measured pump currents we get α1.5Ith

IL = 2.3 ± 0.3 and α1.7Ith
IL = 1.9 ± 0.3.

When comparing our proposedmethod with the twowell established techniques for determining
the α-factor, we conclude that the former yields a consistent result that is within the error bars of
the well-known schemes. In addition, our delayed optical feedback based method naturally gives
access to the pump power dependence of α, which is of interest to address particular dynamical
behaviors.
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Fig. 4. Determining α from injection locking. Normalized intensity of the frequency-locked
oscillation as a function of detuning ∆ between the master laser and slave microlaser for
different pump currents (a) I = 1.5 Ith and (b) I = 1.7 Ith . Solid lines indicate the edge of
the locking cones.

3. Quantum optical modeling and pump current dependence of α

Next, we further support our method with numerics based on a quantum-optical model. This
model is originally derived in the Heisenberg picture using a cluster expansion method to obtain
a closed set of equations of motion for the polarization p, photon population np and electron
(hole) carrier population ne(nh) [36, 37]. The linewidth enhancement factor is determined
from calculating the gain and carrier-induced refractive spectra. The amplitude gain g(ω) and
carrier-induced refractive index δn(ω) for a QW layer embedded with QDs are obtained from the
interband polarization, pi j(ω):

Kδn(ω) + ig(ω) = − ω

ε0nbgcwE(ω)
∑
i, j

µi jpi j(ω) (7)

where i, j are the discrete and continuous labels for QD and QW states respectively, c and ε0 is
the speed of light and permittivity in vacuum, nbg is the background refractive index, K is the
laser field wavevector, w width of the QW width embedding a sheet QD density of Ndot , E(ω) is
a weak laser probe field at frequency ω, and the summations are over all possible electron-hole
QD and QW transitions.
For the polarization we solve the following equation of motion

d
dt

pi j = iωi jpi j + iΩi j(1 − nei − nhj ) + Sc−c
i j + Sc−p

ij , (8)

where ωi j and Ωi j are the renormalized transition and Rabi frequencies , nei and nhj are the
electron and hole populations in states i and j. Dephasing contributions due to carrier-carrier
and carrier-phonon scatterings are described by the complex terms Sc−c

i j (ω) and Sc−p
ij (ω),

respectively. Details for their evaluation are described in the literature [36]. The steady-state
solution to Eq. 8 is used in Eq. 7. Inhomogeneous broadening due to sample dimensional or alloy
fluctuations, are taken into account with a statistical average over a range of band-gap energy
assuming a weighting described by a normal distribution characterized by an inhomogeneous
broadening width ∆inh ' 30 meV.
Figure 5 summarizes the results of the present work, depicting together as a function of the

pump current the values of α acquired with the different experimental methods and with the
theory. For comparison, we have added the input-output dependencies with and without feedback
are plotted as a reference. Noteworthy, there is a rollover in the input-output curves beyond a
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Fig. 5. Pump current dependence of the α-factor. The proposed method (green triangles),
theory (orange circles), injection locking (blue triangles) and the Schawlow-Townes-like law
(dashed grey line) are compared. The input-output characteristic (right axis, red and black
dots for feedback and no-feedback scenarios, respectively) are plotted as references.

certain pump current above threshold, this effect originates when the gain maximum shifts away
from the cavity mode. The reduced output power in the presence of feedback can be explained by
gain competition with the fundamental mode with orthogonal polarization. For more details on
the influence of feedback on the switching dynamics in these microlasers causing this behavior
we refer to [28]. Beyond the consistent matching of the different methods, the main message in
Fig. 5 is the clear pump current dependence of the α-factor that can be observed in the different
methods that are sensitive to this parameter. Here, for our feedback method we do not take the
averaged frequency and gain shifts, but we determine them piece-wise along the input output.
The error bars are bigger around threshold because the gain change determination is less precise
there. Interestingly, we then obtain an α-factor that decreases towards a constant value around
∼ 2 for high pump currents, which is accurately reproduced by the parameters-matched model.
The model explains the high values of α at low pump currents due to a refractive index decrease
caused by frequency pulling towards the quantum well (QW) gain [38]. This occurs in microlasers
with low indium content QDs, where the energy levels of the QDs are very close to those of the
QW with an electron (hole) distance of 10 meV (19 meV) to the conduction (valence) band edge
of the wetting layer. Therefore, the QW is significantly populated even for low pump currents
and influences α. Moreover, the detailed model pump-dependence curve unveils two distinct
decay constants for α that can be explained taking into account the dominant contributions to the
gain at different currents. For low pump currents, the gain is dominated by the QDs. However,
around ∼ 1.5I/Ith the QW gain starts to dominate, leading to a shallower decay of α.
If we take into account that the linewidth decreases along the input-output curve (cf. Fig.

3), those findings are in good agreement with the dependence between α and linewidth found
in [15, 39] for various laser types.

4. Conclusions

To conclude, we have proposed a novel method for determining the linewidth enhancement factor
in vertically emitting lasers based on the changes of gain and spectrum when optical feedback is
applied. We have applied this method to explore α for the first time for a QD microlaser. The
obtained results are in quantitative agreement with the outcome of two other well established
methods in literature. Moreover, using our approach we have unveiled a strong pump current
dependence of α that is accurately reproduced and explained by numerical modeling from
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quantum optical theory. Noteworthy, our approach is specially well-suited for characterizing
the α-factor in high-β nanolasers, in contrast to the other presented methods. For example, the
injection locking-based method becomes increasingly imprecise the higher β is. The partial
nature of locking in high-β lasers prevents one to precisely determine the locking range as most
photons remain in the unlocked solitary nanolaser mode. The amount of injection needed to reach
locked oscillation will then rather lead to coherent pumping than locking. In addition, nanolasers
often suffer from thermally induced linewidth broadening at high pump powers [40, 41] so that
the linewidth method cannot be applied to determine α. Therefore, we believe that our proposed
method will become an important tool to determine α and consequently to better understand and
tailor the dynamical and spectral properties of nanolasers in the future.
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